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Ha cezramta Hayxao-aacraaaor seha fIPHPO~HO-MaTeMaTl{qKOr <jJaKymeTa onpzcanoj 30. 1.
2013. roznme ortpehena CMO y KOMHcHjy aa oneH)' H o~6paH)' ztoxropcxe ~CepTanHje Jloeuxe ca
unmezpanuua U YCJlOBHUMouetcueansuua KaH ztara Bnazraaapa PHcTMna, aCMCTeHTa <PaKynTeTa
fIe~aroIIIKHX HaYKa y Jarozmaa YHIfBep3HTeTa Kparyjeany. Ilocne npernena rroverryre zroxropcxe
~CepTanHje nO~HOCHMOHayqHO-HaCTaBHOM Be y cnenehn

1. 3Ha~aj H ~ODPHHOC ~OKTopCKe
onpeheno] nay-moj 06JlaCTB

.rauaje ca CTaBOBBlliTa aKTYeJIHOr cran,a Y

.D:OKTopcKaztaceprannja HOZUKe ca uumee anuua UYCJlOBHUMO'leKUBGlbUMa npunana 06naCTH
MaTeMaTlfqKe noraxe xoja je nosesaaa ca eopnjou seposaraohe H rononoraje. Ilortpynje
MCTpa)J{HBaIha nasenene TeMe BeOMa je axrye 0 rronpysje pazra H xapaxrepnme ra HHTeH3HBHH
Pa3BOj nocneznsax HeKOnHKO nenenaja. Hse OBOM Pa3BOjy zronpaaena cy H MHorH nama
MaTeMaTHqapH qHjH pesynrara 3aY3HMajy 3aBH HO MecTO y OBOj 06naCTH . .D:OKTOpCKazmceprauaja
Bn~HMHpa PHCTHna HaIIHCaHa je na yxyrrao 3 crpamme nrraxnranor TeKCTa H nonerseaa je y
cnenehe zienose:

1) Canpxai (crpane i-ii);
2) Ilpearosop (crpane 1-2);
3) YBO.n:(crpane 3-6);
4) Hecraanapzraa aaanasa (crpaae 7-12 ;
5) .D:OrryCTHBHcsynosa (crpane 13-28);
6) Ilpefipojaaa $parMeHTH HH$HHI1TapH nornxe Loow (crpane 29-37);
7) Cpemsn MO):len (crpane 38-42);
8) JIorHKe ca anrerpanmsa (crpane 43- 6);
9) JIorHKe ca oneparopmra ycnonnor O'll KHBalha (crpane 57-{)7);
10) Tonononnce normce (crpane 68-87);
11) Jlnreparypa (crpaae 88-90) canpaca 4 6M6mmrpa$cKe jennmnie;
12) ,[(O):laTaK (crpane 91-93) KOjH ce cacr ~H 0):1 nena KOjH npencraarsa Ca)J{eTaKnaceprannje

nar aa eHrneCKOM je3HK)' (Summary) 6HorpaqlHje KaH.D.IiI.D.aTa.

Y YBO.ll:HOMnornamsy ayrop nopen HCT' pnjara IiI snasaja BepOBaTHOCHHX H rorrononrxax

noraxa naje H xpaha npmcas HHqn'IHHTapHe n ruxe Lw,w, xao H npmcas nornxa ca yomrrrenaa

KBaHTH$HKaTOpHMa L(Q) xoje npencrasnjy OCHOBYnOrH"IKHX CHCTeMaH3JlO)J{eHIIXy zmcepranaja.
Y rrpBOM rrornasrsy Hecmauoapona auanusa H3nO)J{eHH cy OCHOBHHnojaosa aecrannapnae

ananase H onncaae cy zrae TeXHHKe xoje HMajy Ba)J{H)' ynory y KOHcTPYKnHjH O'lleKHBaHHX Mo~ena
npencraarseaax nora-rxax CHCTeMa: KOHcTpYKnRja JIe60Be Mepe H JIe60Ba KOHCTPYKnRja
J(aIDIjenoBor nrrrerpana.

,Apyro nornasrse /{onycmuBu cKynoBu nocseheao je enesaenrapmoa nojMoBHMa Kpmnce-
Tlnarexoae reopnje cxynoaa, xao IiI IheHHM TpaH3HTIilBHHM Mo.n:enHMa - ~OrryCTliIBHM CKynoBHMa.
Orracaae cy IiI nexe cneuajamre BpCTe .D.OrryCTIilBIilXCKynOBa xoje he 6Ii1TH KJbYIJHe y rpahersy
CHHTaKce BepoBaTHocHHX H TorronoIIIKHX nortrxa H npmcaaaaa je sesa ca KllaCH'lHOM reopajosr
H3paqyHJbHBOCTH.
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Tpehe nornaan.e llpe6pojueu tppaeueumu UHrPUHUmapHel102UKe Loow npaxas je npetipojasor

cpparMeHTa LA, C 063HPOM zta cy CBe HOBe JIOmKe y OBOj ,L(HCepTa~HjHsanpaao HHcpHHHTapHe JIOrHKe

Ha,L( onrosapajyluea ,L(OrryCTHBHM cxyncsaaa. Orracan j e Ha'llIH CPOPMaJIH30BaIha CHHTaKce H
ceMaHTHKe y KI1Y reopnja, CBOjCTBOKOH3HCTeHTHOCTHH ,L(OKa3aHaje KOMIIneTHOCT H KOMrraKTHOCT
(Bapsajsoaa) aa npefipojaae ztorrycraae cpparMeHTe.

lJeTBpTO rrornasrse Cpeineu uooen je jenan npaxaa nosnare KOHCTpYKl\Hje cpeznser MO,L(ena
M. PaIIIKoBHna. OBa TeXHHKa je O,L(BeJIHKOr snasaja jep je xopmnheaa y CBHM pe3YJITaTHMa KOjH cy
H3nO)J(eHHy OBOj zmcepraaaja.

Y neroa nornaarsy JIo2uKe ca unmezpanuua najnpe je rrpencraarseaa BepOBaTHOCHa noraxa
LAP, a 3aTHM H nornxa ca HHTerpaJIHHM oneparopou LA! ' npn qeMy je npaxasana sesa H3Meljy

OBHX JIOm'IKHX CHCTeMa. 3aTHM cy npeztcraersene ,L(BeHOBe JIOrHKe ca mrrerpamrva ~;. H L~£J, .

Y rrpaoj cy onrrcaaa MO,L(enH'llIje Mepe HMajy KOHa'IHe paarose, ,L(OK ,L(pyra npezrcraan,a eKBHBaJIeHT

Pamxoaahese ,L(BoBepOBaTHocHeJIOrHKe L~P\P2Meljy normcaaa ca HHTerpaJIHHM oneparopnaa. Y 06a

cnysaja je ,L(OKa3aHanorrrynocr aKCHOMaTH3~Hje y ozmocy na xnacy ,L(ecpHHHCaHHXMO,L(eJIa.
IlieCTO nornasrse JIo2uKe ca onepamopuua YClloeH02 ouexueatea najnpe je nocseheao

KHCJIepoBoj normm LA! (lR) ca HHTerpaJIHHM oneparopasra H cny'IajHHM npOMeHJbHBHM, a 3aTHM H

JIOrn~H LAB ca oneparopoxr YCJIOBHOrO'IeKHBaJba. Y HaCTaBK)' je H3JIO)J(eHaHOBa ,L(BOBepOBaTHOCHa

JIOrHKa ca cJIy'IajHHM rrpOMeHJbHBHM L~jJ,(lR), xao H ,L(BOBepOBaTHOCHaJIOrHKa ca YCJIOBHHM

O'IeKHBalheM Lu\E, y xojoj cy ,L(eq,HHHCaHa ,L(Ba pa3JIH'llITa oneparopa YCJIOBHOr o=rexasan.a y

O,lUIOcy Ha,L(Be Mepe I-LI a f..L2, xoje ce HaJIa3e y ancorryrao HerrpeKH,L(HOMornrocy.

Y Ce,L(MOM rrornaarsy Tononotuxe l102UKe H3JIO)J(eHa je uajnpe KHCJIepOBa JIOrHKa ca
KBaHTHcpHKaTopOM "rrocTojH nerrpetipojuao MHoro", xoja na HeKH Ha'llIH rrpencraarsa OCHOBY sa
TOnOJIOIIIKe noraxe xoje cy rrpezrcranrseae y OBOMnornaarsy. 3aTHM cy HaBe,L(eHHHeKH enexenrapna
uojaosa Be3aHH sa, najnpe KJIaCWIHe TOrrOJIOIDKenpocrope, a OH,L(aII: sa rononomxe xnaca npocrope
xoje cy npoysaaamr )l{. MHjajJIOBHn H ,ll;. 'furpnh. Taxohe cy npencraarseae nse CrpOOBe TOIIOJIOlllKe

normce L(O) H L(O:Ew), O,L(KOjHX je zrpyra eKCTeH3Hja JIOmKe L(O) H norozraa je sa rrpoy-rasarse

TOrrOJIOlllKOr rrpOH3BO,L(aII: HerrpeKH,L(HHX npecnnxaaarsa aa KJIaCH'IHHM TOrrOJIOlliKHM rrpOCTopHMa .

.[(aJbe je II:3JIO)J(eHaTononOIIIKa xnaca noraxa LA (0, C) , xoja npencraarsa II:HqmHI1TapHH ,L(OrryCTHBH

eKBHBaJIeHT Crpoose JIOrHKe L( 0), Y O)],HOCYaa TOrrOJIOlllKe KJIaCa rrpocrope. HOBa TOrrOJIOlllKa

KJIaCa JIOmKa L;.n' (0", Cn)nEw npencraarsa cHHTe3Y nperxozmax pesyrrrara II: y lbOj ~eHTPaJIHO

MeCTO 3aY3HMajy nojaosa TOrrOJIOlllKOr npoassona 11HerrpeKH,L(HHX npecnmcasarsa aa TOrrOJIOlllKHM
xnaca rrpocropmra.

CBH OBH pe3YJITaTH npencrasrsajy saaxajaa Hay-qHH ,L(OrrpHHOcaa norsy MaTeManr'lKe JIOrHKe,
cnenajanao na rrorsy CJIO)J(eHHXJJOrH'lKHX CII:CTeMarroroznrax sa orracasaa,e II: rrpoysasan,e rrojjaoaa
aa no,L(PY'IY reopaje sepcaaraohe H TOrrOJIOrHje.

2. Onena Aa je ypaljeua AOKTopcKa nncepraunja pe3YJlTaT opuruuaJluor naysmor' paAa
KaU,!J;B,!J;aTay oaroeapajyho] aaysnro] 06JIaCTB

.[(OKTopCKa zraceprannja KaH,L(H,L(aTaBna,L(HMMpa Pacraha Ca,L(p)J(H OplITHHaJIHe Hay-que
pe3YJITaTe KOjH HHCY 6HJIH rrpe)],MeT HH jezmor )],0 cana 06jaBJbeHOr HCTpIDKHBalha.

3. TIperJIe,!J; OCTBapeUHX pe3YJITaTa KaU,!J;H,!J;aTay onpehenoj nay-moj 06JIaCTH

KaH,L(H,L(aTBna,L(HMII:p PHCTHll je 06jaBHO cnenehe nay-rite panone:
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1. Ristic, V. (2006). L~cp logic and completeness theorem, Kragujevac Journal of
Mathematics, 29, 99-111. ISSN: 1450-9628, M 51.

2. Ristic, V. (2009). Probability logics with vector--valued measures, Kragujevac Journal of
Mathematics, 32, 47-60. ISSN: 1450-9628, M 51.

3. Ristic, V. (2009). L~~ logic and completeness theorem, Kragujevac Journal of
Mathematics, 32, 149-156. ISSN:1450-9628, M 51.

4. Ristic, V. (2010). Completeness theorem for probability models with finitely many valued
measure in logic with integrals, Kragujevac Journal of Mathematics, 34, 131-137.
ISSN: 1450-9628, M 51.

5. Ristic, V., Ikodinovic, N., Dordevic, R. (2011). Biprobability logics with conditional
expectation, Mathematical Logic Quarterly, 57, no.4, 400-408. DOl:
10.l002/malq.201010018. ISSN: 0942-5616, M23.

Je,Z:(aHpan KOjHje nponcrexao H3 nOCJle,Z:(IhHXHCTplDKHBaIhaje na peueasaja y l.facomlcy ca
SCI JlHCTe, ,Z:(OKje npyra y npanpeva aa cnarse. IberOBH HayqHH pa,Z:(OBHnpe3eHTOBaHH cy aa
ceMHHapHMa 113 BepOBaTHocHHX JlOrHKa aa MaTeMaTI1l.fKOMHHCTI1TYTYCAHY. Yl.feCTBOBao je na
CJIe,Z:(enHMMeljYHapO'z:(HHMH .L{OManHMxompepeanajava:

1. Dordevic, R., Ristic, V. (2006). Probability logics with vector-valued measures,
International Conference on Numerical and Applied mathematics, Kragujevac: Prirodno-
rnatematicki fakultet.

2. MHjajJlOBHn, E., Pncrah, B. (2011). Je,Z:(aHMeTO,Z:(Hl.fKHnpacryn KOHCTPYKU:HjHpeaJIHHX
fipojeaa nojrohy HH30Ba YMeTHYTHx HHTepBaJIa, Memoouuxu acnexmu uacmaee
uamestamuxe II, (459-464), JarO,Z:(HHa:<l>aKYJITeTne,Z:(arOlUKHXHaYKa.

3. Ristic, V., Ikodinovic, N., Dordevic, R. (2011) Biprobability logics with conditional
expectation, Probabilistic logics and applications, Beograd: Matematicki institut SANU.

4. N., Dordevic, R., Ikodinovic, N., Ristic, V. (2012). Topological class logic L'';.nt(on,Cn)niw,

Probabilistic logics and applications, Beograd: Maternaticki institut SANU.

4. Ouena 0 ncnyrseaocra o6HMa H KBaJlHTeTa y O~HOCyna npajann.eny TeMY

IIpHJlo)KeHa ,Z:(OKTopCKa'z:(l1cepTaU:Hjay nornezty o6HMa H KBaJIl1TeTa ncrryisasa CBe 3aXTeBe
KOjHcy nOCTaBJbeHH npajaaov TeMe ,lI,OKTOpCKe,lI,I1CepTaO:Hje.I(I1JbeBI1 zmcepranaje cy HcnYIheHH H
,Z:(06HjeHHcy 04eKHBaHH pe3YJITaTH.

5. Hay-ma pe3YJlTaTH noxropcxe ~HcepTa~Hje

,ll;eo HayqHHX pe3YJITaTa zracepranaje ny6JlHKOBaH je Kp03 zrsa HayqHa pa,ll,a:

1. Ristic, V., Ikodinovic, N., Dordevic, R. (2011). Biprobability logics with conditional
expectation, Mathematical Logic Quarterly, 57, no.4, 400-408. DOl:
IO.l002/malq.201010018. ISSN: 0942-5616, M23.

2. Ristic, V. (2010). Completeness theorem for probability models with finitely many valued
measure in logic with integrals, Kragujevac Journal of Mathematics, 34, 131-137.
ISSN: 1450-9628, M 51.

6. llpHMeHJbHBOCT H KOPHCHOCTpeayrrra'ra y TeopHjH H "paKCH

Pe3YJITaTH .L{06HjeHHy OBOj .L{HCepTaO:HjHcy reopajcxor xapaxrepa 11 Mory Hanl1 rrpMMeHy y
,lI,aJbeMnpoynaaan.y CJIHqHHX06JIaCHL

7. Ha-ran npeserrroaarsa pesyrrra'ra nayuaoj jaanocra
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3AK.JbYIlAK II IIPE,lJ;JIOr

Hs H3nO)}(eHHX nO,IJ.aTaKaKOMHCHja aaxnysyje ,IJ.aKaH.IJ.H.D.aTBna.D.HMHp PHCmn ncrryn.aaa CBe
cyurrancxe H <pOpManHe ycnose KOjH ce rpaace O,IJ.KaH)l.H,IJ.aTasa o,IJ.6paHY ,IJ.OKTOpCKenacepranaje,
Tnaaaa rraysrra ,IJ.lillPHHOCHy nO,IJ.HeTOj,IJ.HCepTan:HjHcy yBoijeJhe cnenajamrax norn-ucax CHCTeMaca
anrerpamrna oneparopava H .D,BOBepOBaTHOCHHXnoraxa ca orreparopava ycnosnor O'IeKHBaJha sa
xoje cy ,IJ.anr norrrysn CHCTeMH aKCHOMa, KaO H ysohes,e TOrrOnOIIIKe xnaca JIOrHKe rrOrO,IJ.Hesa
OrrHCHBaJhe H rrpoyaaaarse nojaa TOrrOJIOrnKOr rrpOH3BO,IJ.a H HerrpHKH.IJ.HX npecrraxaaatsa
TOrrOJIOIIIKHX xnaca npocropa, L{o6J-tieHH Hay'IHH pe3YJITaTH KaH.IJ.H,IJ.aTao6jaBJbeHH cy y ,IJ.Banayrnra
pana, O,IJ.xoax je janan ca SCI nacre (Mathematical Logic Quarterly).

KOMHcHja npennaxe HaCTaBHO-HayqHOM sehy IIpHp0,IJ.Ho-MaTeMaTHqKor <paKYnTeTa y
Kparyjesny ,IJ.apan non HacnOBOM H02uKe ca uumeepanuua u YClloeHUM ouexuean.uua KaH,IJ.H,IJ.aTa
Bna,IJ.HMHpa PHcTHna rrpaxsara xao ,IJ.OKTOPCKY,IJ.HCepTan:HjyH O,IJ.pe,IJ.H,IJ.aryM O,IJ.6paHe.

Kparyjesan, 5. MapT 2013. rO,IJ.HHe KOMlilCI1JA

1. L{p Maonpar PaIIIKoBHn,
HY'lHH caBeTHHK, MaTeMaTH'IKH HHCTHryT CAHY.

Y~aHa~a:6nacr M~;V:::Ar
2. L{p Pa,IJ.OCaBn pfjeBHn,

BaHpe,IJ.HHrrpodiecop ITM<I>-a y Kparyjesrry.
Y)}(a HaY'IHa ofinacr: MaTeMaTH'IKa nornxa

3. L{p Hefiojma HKO,IJ.HHOBHn,
,IJ.ou.eHTMaTeMaTH'IKOr <l>aK)'JITeTay Beorpany.

Y~a aa ;;;;JP'lornKa


